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1.

INTRODUCTION
Current requirements for the quality of mined iron ores indicate the need for both more accurate and
operational determination of the iron content in them. One of the ways to improve the operational control of
the iron content in the ore mass is the use of logging sonde (LS) in roller wells. In real conditions, measuring
the iron content taking into account all the influencing factors on the accuracy of control is quite a challenge.
One of the possible ways to overcome these difficulties is to use the result of the interaction of gamma
radiation with iron ores as a source of information about the iron content. However, the intensity of the
gamma-ray flux reflected from the rock mass used in the measurement does not carry enough information
about the iron content, since this flux is rather small and characterizes the content of the useful component
only in the surface layer of the array. In this regard, it seems appropriate when measuring the iron content in
the ore to use the intensity of the flux of absorbed gamma radiation, which is much larger than the intensity
of the reflected flux of gamma radiation, and largely characterizes the iron content within the ore body.
Analysis of the results of studies and publications on the control of iron content in ore arrays using
LS in wells showed that in most cases insufficient attention is paid to the issues of measurement accuracy [1].
Nuclear physics methods for determining the content of the useful component in the ore were considered in
works [2-4], where attempts were made to improve the accuracy of measurements depending on the number
of gamma quanta reflected from the surface of the absorber. In work [5], the parameters of scintillation
sensors for recording scattered gamma quanta are considered. Also in [3], a mathematical model was
developed for determining the iron content in the ore by registering scattered gamma quanta. The authors of
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this article proposed accounting for absorbed gamma radiation in the irradiated material [6], which allows
increasing the accuracy of determination of total iron in the ore under study.
In addition to nuclear physics methods for determining the iron content, magnetometer [7-9] and
ultrasonic methods [10-12] are known. However, the magnetometer method allows determining the content
of only magnetic iron in the studied rock mass and it is difficult to use ultrasonic control when logging
explosive wells.

2.

RESEARCH METHOD
The aim of the work is to improve the accuracy of operational quality control of mineral raw
materials by using the intensity of absorbed gamma radiation. To achieve this goal, the following tasks were
formulated:
‐ The choice of the parameters of the geometry of measuring the intensity of gamma radiation;
‐ Development of a functional scheme for the interaction of gamma radiation with a substance;
‐ Development of a mathematical model of the interaction of gamma radiation with a substance.
In modern conditions of iron ore mining, sufficient attention should be paid to issues related to the
accuracy of measuring the iron content, which largely depends on the results of the interaction of the gammaradiation flux with the rock formation.
An analysis of the gamma-radiation flux absorbed by the ore mass, which is much larger than the
reflected gamma-radiation flux used in modern devices, will make it possible to increase the accuracy of
measuring the iron content in the ore. As one of the effective ways to implement the mathematical model of
the interaction of gamma radiation with iron ore, which will allow to identify the main factors influencing the
process of measuring the iron content in the ore mass. Due to the fact that at present considerable attention is
paid to control methods that ensure an increase in the efficiency and reliability of the production
process [13-14], these studies seem to be quite relevant.

3.

RESULTS AND ANALYSIS
The gamma-gamma method based on the effect of the interaction of low-energy gamma-quanta with
a substance is used to measure the content of total iron in the ore. The controlled ore mass is irradiated, and
then the intensity of the integrated flux of scattered gamma radiation (the so-called Compton scattering) is
recorded. A specific feature of modeling the measurement process is to build such a model that, with central
geometry, would take into account the dependence of the intensity of the absorbed gamma-radiation flux on
the geometric parameters: the distance between the radiation source and the detector, the distance between
the detector and the reflecting surface.
It is logical to begin the synthesis of the model as a gauge of iron content in the ore with well-known
and proven formulas describing the distribution of the gamma-radiation flux in the medium [15]. A diagram
of the simulated interaction of gamma radiation with a substance is shown in Figure 1.

Figure 1. The scheme of interaction of gamma radiation with a substance
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The flow of gamma-quanta emanates from a point B in the form of a circular cone with a solution
angle of a cone 2*α. Further, this stream reaches the irradiated surface, forming a “spot” in the form of a
circle. Each point of this “spot” is a source of secondary (reflected) gamma radiation. Reflected gamma
radiation carries the necessary information about the state of the array, which includes information about the
content of iron in it [3, 5, 16-20]. The detector located at the point P registers and measures the intensity of
gamma radiation. According to the scheme of propagation of gamma radiation, presented in Figure 1, a
gamma-quantum that reached an irradiated surface at a point C(x,y), from an gamma-radiation source with an
intensity Q located at a point , is recorded as
Qh

dN ( x, y ) =
(x2 +

3
y 2 + h2 ) 2

(1)

dxdy

where Q-gamma radiation source intensity, 1/sec, h-distance from gamma radiation source to the irradiated
surface, m, dxdy-area element in Cartesian coordinate system, m2.
Then the total intensity of the gamma radiation flux reaching the surface is found by integrating over
the region D in the form of a circle,
N = Qh



dxdy
(x + y
2

D

2

(2)

3
+ h2 ) 2

To calculate the double integral, formula (2), it is necessary to reduce it to repeated integrals. The domain of
integration D is bounded by a circle, the canonical equation of which has the form,
x 2 + y 2 = R2

(3)

where R-the radius of the circle bounding the “spot” on the irradiation surface, m.
In the transition to polar coordinate x = R  cos , y = R  sin  formula (3) is written as

r = R , ( 0    2  )

(4)

According to Equation (4) the integral, formula (2) takes the form
N = Qh
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1
(r

2

rdrd

3
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(5)

where rdrdφ area element in polar coordinates, m2, D• = (r; ) r = R;0    2    – region of integration in
polar coordinates.
To calculate the double integral, formula (5), we need to reduce it to repeated integrals. Given the
integration boundaries, the double integral, formula (5) is written as
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By integrating, we consistently find
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N = 2  Q  (1 −

R + h2
2

).

(7)

Taking into account that the radius of the "spot" circle on the irradiation surface is found by the
formula R = h  tg . Formula (7) is consistently converted to
N = 2  Q  (1 −

h
h tg  + h

N = 2  Q  sin 2 

2

2

2

) = 2  Q  (1 −

1
1 + tg 
2

) = 2  Q  (1 − cos2  ) ,

.

(8)

Then the intensity of the flow of gamma radiation reflected from the surface is found by the formula
M = 2  Q  А  sin 2 

(9)

where A-albedo coefficient.
The albedo coefficient A shows the fraction of the intensity of the flux incident on the surface of the
irradiation reflected from the irradiated surface. It is obvious that the intensity of the absorbed gamma-ray
flux can be found as the difference in formula (8) and (9)
N п = N − M or Nп = 2  Q  sin 2   (1 − А)

(10)

In turn, the element of the intensity of the flow of gamma radiation, defined by formula (1), is a
source of secondary gamma radiation. In this case, the intensity of the secondary gamma-ray flux entering the
detector located at a point P from the point С ( x, y ) is found by the formula:
dM ( x, y ) =

A h  S
L3 ( x; y )

(11)

dN ( x, y )

where L(x,y)-distance from point C(x,y) to point P of detector location, m, S-detector area, m2.
According to the scheme of propagation of the flow of gamma radiation, presented in Figure 1, it is
possible to record [21]
L( x, y) = x 2 + (l − y) 2 + H 2

where

(12)

l − distance between radiation source and detector, m.
Taking into account (1) and (11), the formula (10) takes the form:
dМ ( x, y) =

Q  A h  H  S
(( x + y + h 2 )( x 2 + (l − y) 2 + Н 2 ))1,5
2

2

dxdy

(13)

To find the total intensity of the secondary gamma radiation flux entering the detector, it is
necessary to integrate over the region D

М = Q  A h  H  S


D

dxdy
(( x + y + h )( x 2 + (l − y ) 2 + H 2 ))1,5
2

2

2

(14)

To calculate the double integral formula (13), we need to reduce it to repeated integrals. By passing
to the polar coordinates, the integral formula (14) is reduced to repeated integrals and takes the form:
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(15)

3
)) 2

Formula (15) allows finding the value of the albedo coefficient by the magnitude of the intensity of
the flux of reflected gamma radiation measured by the detector,
М

A=
QhH S

2

h tg

0

0

 d 

(16)

rdr
(( r 2 + h 2 )( r 2 − 2rl sin  + l 2 + H 2 ))1,5

Then, taking into account (16), formula (10) takes the form:
M

N п = 2  Q  sin 2   (1 −
QhH S 

2

htg

0

0

 d 

)

(17)

rdr
2
2
2
(( r + h )( r − 2l  r sin  + l 2 + H 2 ))1,5

Analysis of formula (17) shows that the intensity of the absorbed gamma-ray flux Nn depends on
seven variables: Q, M, S, h, H, l, α,. The study of formula (17) as a function of seven variables causes certain
difficulties. Therefore, the question of the number of significant variables, defined as combinations of seven
variables, is of exceptional importance. The application of the theory of similarity and analysis of
dimensions [22] allows us to represent the formula (17) in the form
Mˆ

Nˆ п = 2  sin 2   (1 −
Hˆ  Sˆ 

2

tg

0

0

 d 

)

(18)

rˆdrˆ
2
2
ˆ
(( rˆ + 1)( rˆ − 2l  rˆ sin  + lˆ 2 + Hˆ 2 ))1,5

H
r
l
N
M
where Nˆ п = п , Mˆ =
, Hˆ =
, rˆ = , lˆ = . Analysis of formula (18) shows that the number of
Q
Q
h
h
h
significant variables is five that is, decreased by two units [23].
In order to compare the magnitudes of the reflected and absorbed gamma radiation upon irradiation
of the samples under conditions of central geometry, the corresponding numerical calculations were
performed. For this purpose, the ratio formula (15) to (10) was compiled, allowing estimating the
corresponding value in a dimensionless form
E=

A
Hˆ  Sˆ
1 − A 2 sin 2 

tg

2


0

d


0

rˆdrˆ
3

(19)

(( rˆ + 1)( rˆ − 2rˆ  lˆ  sin  + lˆ 2 + Hˆ 2 )) 2
2

2

M ˆ S
, S= 2 .
Nп
h
Calculations using formula (19) were performed using the Mathcad software package [24]. In the
calculations were taken such values of the parameters Hˆ = 1 , Sˆ = 0,7 . In Figure 2 shows the dependence
diagram E calculated by the formula (19), depending on the distance lˆ , for different values of albedo A.
where

E=
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Figure 2. The dependent of the ratio E from the distance l at various values of a albedo

Analysis of the graphs shown in Figure 2 shows that the proportion of the reflected gamma-radiation
intensity, as compared with the absorbed gamma-radiation intensity, decreases as the distance between the
radiation source and the detector increases. Moreover, as the albedo decreases, this fraction becomes smaller.
This result allows us to conclude that it is expedient to use the magnitude of the intensity of absorbed gamma
radiation when measuring the iron content in the ore, since this leads to smaller errors. Estimation of the iron
content in the ore should be carried out according to the formula (18), which, using information about the
intensity of the reflected gamma-radiation flux makes it possible to calculate the intensity of the absorbed
gamma-radiation flux, without the use of albedo.
Formula (18) allows us to estimate the sensitivity of the intensity of the absorbed gamma-ray flux
with respect to the intensity of the reflected gamma-ray flux measured by the detector. For this, formula (18)
is written a

dN п
=−
dM

2  sin 2 
Hˆ  Sˆ 

2

tg

0

0

 d 

rˆdrˆ
2
2
ˆ
(( rˆ + 1)( rˆ − 2l  rˆ sin  + lˆ 2 + Hˆ 2 ))1,5

Figure 3. shows the results of calculations by the formula (20) with Sˆ = 0,7 .
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Figure 3. Dependence sensitivity from distance lˆ (1 - Hˆ = 0,5 , 2 - Hˆ = 1 , 3 - Hˆ = 1,5 )

4.

CONCLUSION
With an increase in the distance between the source and the detector (sensor) of radiation, the proportion of
reflected (scattered) radiation decreases sharply compared to the absorbed. As the distance between the source and the
radiation detector increases, the sensitivity of the intensity of the absorbed gamma radiation increases by more than
2.5 times. As the distance from the detector to the irradiated surface decreases, the sensitivity under consideration also
increases. For example, at Нˆ = 1 (the distance from the detector to the sample is equal to the distance from the source
to the sample), the sensitivity increases from 3 at lˆ = 0 to 8 at lˆ = 1 .
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